I. Introduction
Chowdhury et al [1] introduced the notions of a Goldie near-ring as well as that of a Goldie module [2, 3] as two way generalizations of so-called Goldie ring -an exposition of A.W. Goldie through his classics,-a part of his thorough study of the structure of prime rings under ascending chain conditions [10] and semiprime rings with maximum conditions [11] . We discussed various aspects of a Goldie near-ring and of a Goldie module including the near-ring of quotients and its possible descending chain condition and decomposition of the zero of a Goldie module [2, 3] , an analogous of Artin-Rees theorem [2] . Also we delve into Some Aspects of Artinian (Noetherian) Part of a Goldie Ring and its Topological Relevance (8) as well as Wreath Sum of Nearrings and Near-ring Groups with Goldie structures (9)). It is easy to see that a nilpotent subring of a ring is necessarily nil. But converse is not true, however, we see that [12] Goldie character in a ring draw attention in its favor!.We here prove this interesting standard problem in a near-ring with Goldie characteristics taking into consideration various aspects of large or essential characters of its subalgebraic structures with proper justification. Moreover, in this connection, it would not be irrelevant to mention author's another new notion, what may be called the notion of a nilpotent module-element or a nilpotent N-group element [7] together with a nil or a nilpotent submodule, or an N subgroup etc.
II. Preliminaries
For the sake of completeness we would like to begin our discussion with the definition of a right near-ring (N,+,.) -an algebraic structure consisting of a non-empty set N equipped with two binary operations viz., addition (+) and multiplication (.),where the first one makes N-a group (not necessarily abelian) and the second one a semigroup with the one-way distributive law, viz. (a+b)c=ac+bc , for a,b,c εN For other relevant information regarding near-ring preliminaries we would like to refer Pilz [13] . Throughout this paper N will mean a right near-ring with unity (zero symmetric) unless otherwise specified. Clearly, a nilpotent subnear-ring is nil but the converse is not true. For the converse, that is a nilpotent subring is nilpotent, we'll deal with so called sequentially nilpotent (or s-nilpotent) notion. We note the following: the above situation is dealt with the following definition that would lead us to our expected goal. Here we note that A = {0, a}, B = {0, a, b} and C = {0, a, c} are subsets of N and BN ⊆ B, CN ⊆ C whereas NA⊆ A and AN ⊆ A. Thus, we define the following 2.1.8 Definitions : A non-empty subset S of a near-ring N is
Definitions:
It is clear that an invariant subset of a near-ring N is a left as well as right N-subset of N. Moreover, every left (right) N-subset contains the zero element of N.
(i) An ideal I of N is strongly prime if for two non zero invariant subsets A and B , AB ⊆I ⇒A⊆I, or

B⊆I.
(ii) A near-ring is strongly prime if (0) is strongly prime. In what follows, E will stand for the near-ring group NE. Clearly near-ring N can always be considered as an N-group. We shall write NN to denote N as an N-group. Example 2 (Ex.1.18(c) [11] ) : Let G be an additive group and M(G) be a (right) near-ring(of all maps from
Example3 : Every left module M over a ring R is an R-group over the near-ring R. Here non-zero left S 3 -subgroups are {0, a}, (0, b}, {0, c}, {0, x, y) and S 3 . {0, x, y) and S 3 are the only nonzero left ideals. This shows that the S 3 -subgroup {0, x, y) is weekly essential but not an essential left S 3 -subgroup. However, the following example is sufficient to show the existence of near-ring where every weakly essential left N-subgroup is also essential. 
Properties : If E is an N-group then (i) 0. e = 0 (the first 0 is the zero element of N and the second 0 is the zero element of E). (ii) (-n)e = -ne and
(iii) (n-n1) e =An ideal M of E is an essential ideal of E (denoted M⊆ e E) if for any ideal C (≠0) of E, M ∩ C ≠(0). If a left ideal A of N is an essential ideal of NN then A is
Hence A⊆eC
Conversely, let A⊆eC. Then A∩B ≠(0), (for B ⊆C).
If M is a non-zero N-subgroup of E such that M⊆ B ⊆ C then, M is a non zero N-subgroup of C. Since A⊆ e C, it follows that A ∩ M ≠(0) which gives A ⊆e B.
Again, if H is any non-zero N-subgroup of E with H ⊆C⊆ E then A ∩ H ≠(0), (for A ⊆e C). Since 1 N, Na ≠(0). Again, B ⊆e A gives B∩ Na ≠(0).
Let (0≠ ) b B ∩ Na. Then B = na (say) for n N. Thus b = na B which gives n L. Hence b = na La.
Therefore, La ≠ (0) (for b ≠ 0). Now, let x,y L then xa, ya B. So, (x -y) a = xa -ya B.
  x -y L.
.... (i)
Also, since B is an N-group of E, for n N, (nx) a = n(xa) B (for xa B) Therefore, nx L.
(for Ia is an N-subgroup of
A and B⊆ e A).
Therefore, L is an essential N-subgroup of NN such that La ⊆ B and La ≠ (0).//
In an N-group E, the singular N-subset of E viz., the subset Z1(E) = {u E Lu = (0), for some essential Nsubgroup L of NN} plays an important role in our discussion.
N-group E is N-non-singular if Z1(E) =0 and N is left non-singular if Z1(N) =0. it is to be noted that Z1(E) is an N-subset of E and Z1(N) is an invariant subset of N 2.2.4. Lemma : For an x E, Ann(x) is an essential N-subgroup of NN if and only if x  Z1(E).[easy]
Lemma : If I is an N-subgroup of NN and for B⊆ E, Ann(B) ⊆e I and Z1 (E) = (0) then Ann(B) = I.
Proof : Let (0≠ ) x  I then by 2.2.3, there exists an essential N-subgroup L of NN such that Lx ≠ (0), Lx
Now considering the hypothesis, we get Ann(B) = I. // . Now, ai+1 = xi + v, for some ai+1 Ai+1, xi Xi, v V.
Lemma : Let E be with acc on annihilators such that E is N-non-singular (i.e.Z1(E) = (0)). If N has no infinite direct sum of left ideals and every essential left ideal of N is an essential N-subgroup of NN then
Thus, Ai+1 + Xi is an essential left ideal of N such that Ai+1 ∩ Xi = (0) and the assumed hypothesis gives that Ai+1 + Xi is an essential N-subgroup of NN. And so for Pi, chosen above, Pi ∩ (Ai+1 + Xi) ≠ (0).
Therefore, Pi ∩ (Ai+1 + Xi) = (0) and this is a contradiction. Hence xi ≠0 and therefore
Therefore, when Ai ⊃ Ai+1, we get a non-zero ideal Ci = Ai ∩ Xi such that Ci ∩ Ai+1 = (0) .......(iii) Now, for different values of i, we get an infinite family {C1, C2, C3, ...} of non-zero left ideals of N such that (iii) holds.
And if x  C2 ∩ (C1 + C3) then x = c2 = c1 + c3, for ci  Ci, i = 1,2,3. There exists x ε I such that yx≠0 ( for example y 1 is such an element, and we may have more than one such element!)
There exists x ε I N such that yy 1 x≠0 ( for example y 2 is such an element, and we may have more than one such element! ) ….. …..(***) We now set a 1 =yy 1 , a 2 =yy 1 y 2 , a 3 =yy 1 y 2 y 3 , etc. In general, a n =yy 1 …y n-1 y n Suppose, a 1 y 1 ≠0, then a 1 y 1 y 2 ≠0 , for if a 1 y 1 y 2 =0, then a 1 ε l(y 1 y 2 ) ⇒y 1 a 1 =0 [ as l(y 1 )= l(y 1 y 2 )], hence, a 1 y 1 =0.
Similarly, we have, a 1 y 1 y 2 y 3 ≠0 for if a 1 y 1 y 2 y 3 =0 ⇒ a 1 ε l(y 1 y 2 y 3 )= l(y 1 ) Claim a n y 1 =0 Suppose a n y 1 ≠0, for some n. we now consider the case for any k.
